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Introduction
G. Gratzer asked in [1] which equational classes K , L ∈ K and 1 ( ) ( ) Csub L Csub L ≅ imply that 1 L ∈ K (see Problem 1.10 in [1] ). In the present note a necessary and sufficient condition for a class to have this property will be given and the following result will be proved. For concepts not defined here one may refer to [2] and [3] . First it will be shown the ordering defined in [3] and [4] on the lattice of convex sub-lattices can be described as the smallest ordering satisfying certain conditions.
In this present note we prove the following result: Main Theorem. An equational class K has the property: (*) 1 where c ε is the dual identity of ε . An easy consequence of the definition is:
where c L is the dual lattice of L .
2.Definitions and Lemmas
In the following, symbols ∨ and ∧ are used to denote the join and the meet operations in 
Proof. Let ϕ be an isomorphism of ( ( ), ) Obviously, f is bijective. The proof of the theorem is performed for three cases as follows.
, where 0′ and 1′ are respectively the least and greatest elements of L and 1 L ensured by Lemma 2. We will prove that
, and f is order-preserving . Symmetrically, 1 f − is also order-preserving and so f is a lattice-isomorphism.
The same is true for the case
and then
we have
Symmetrically, we have also
On the other hand, since ϕ is isomorphic, we have . In fact, for r L ∈ , let ( ) and therefore the map :
and is follows that 1 L ∈ K and the proof is now complete.  .
The Proof of Main Theorem
From Theorem 1 and Theorem 2, we know that Main Theorem is true for the case of bounded lattices. In the following, we are going to deal with the general case. We have:
is an isomorphism . Without loss of generality, we can assume that , a b a b a b ∧ < < ∨ and let
. As in the case 3 of the proof of Theorem 2, we have , , 
Some Corollaries
By the Proof of Theorem 2, we have: , then 1 L is also a bounded semi-modular lattice.
An Interesting Application
As an interesting application we prove: Theorem 4. Let L be a {0,1} -lattice, 1 L be a lattice. Then the following conditions are equivalent:
,then . We are grateful to Professor Wu Miao-Ling who read this note and gave us their helpful criticism.
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